Té Todn tin-Truwong THPT Lé Quy Pén

BAO CAO SINH HOAT CUM TRUONG THPT LE QUY PON
Thang 3 /2012

A. MQT SO PHUONG PHAP GIAI HE PHUONG TRINH
1. Phuong phap thé :
Trong phuong phap nay, tir mot phuong trinh hoic két hop hai phuwong trinh caa hé ta biéu
dién dugc mot an qua an kia r0i thé vao phuong trinh con lai caa hé. Tur d6 dua vé giai
phuong trinh mot an.
Dang 1. Trong hé c6 mot phuong trinh bac nhat véi an x(hodc y), khi d6 ta tim cach raty
theo x(hoac x theo y).
* Thi du 1. Giai h¢ phuong trinh
{xz (y+1)(x+y+1) =3x" —4x+1(1)

Xy + X+1=x*(2)

Loi giai: Ta thay x = 0 khong thoa man PT(2). Véix # 0tir(2)co Y+1= , thay

vao (1) ta dugc

NG —1( x? —1
X +

XZ

X X
< (x=D(2x° +2x2 —x-1) = (x-1)(3x-1)
S (x=1D(2x° +2x2 —4x) =0 < 2x(x-1)*(x+2) =0

] =3x* —4x+1= (x* -1)(2x* -1) = (x -1 (3x-1)

& X=1hodc y =2 (dox # 0).

5
Véix=1thiy=-1;véix=-2thi y= _E
. X 5
Vay hé c6 hai nghiém (x; y) la (l; —l), (—2; _E)

log, (2x+y)* +log _(3x—2y) =0(1)
*Thi du 2. Giai hé phuong trinh \g
x* —3y? =16(2)
Loi giai: DDK 3x -2y >0va2x+y # 0. Tacd

X=3
(1) < log,[2x +y| = log, (3x - 2y) < [2x + y\=3x—2y©{y_5)y(
Vé6i X =3V thay vao (2) taduge 33y’ =16 < y = i4 suyra X =i#

Véi Yy =5X thay vao (2) ta thiy phuong trinh vo nghiém
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Két hop voi diéu kign ta c6 nghiém cua hé 1a (X;y) = (# ! %)

Jx+y+x—y =2y
x/§+\/5:3

Loi giai: PK: x+y>0,Xx—y>0,y>0

2y —x2>0;(3
Pt(1) < 2X+2{X’ =y’ =4y < X’ — 2:2y—x<:>{ y ()

Sy* =4xy;(4)

*Thi du 3 Giai h¢ phuong trinh : (x,yeR)

Tupt@) < Yy=0v5oy=4x
Véi y = 0 thé vao pt (2) tacd x = 9 (khong thoa mén dk (3))
V6i Sy = 4x thé vao pt (2) ta co Ix+20x =3 x=1
e 4
KL: Hé phuong trinh ¢6 1 nghiém (X;y) =|1; c
_ 2y’ —x* =1
* Thi du 4. Giai h¢ phuong trinh : , ,
2X =y =2y —X
Loi giai : Néu2y? - x* =1 thi
2y - x=(2y° - X)(2y - X) =4y’ - 2y°x - 2yx* + X
Phuong trinh tha hai c6 thé viét lai thanh :
X3+ 2x%y + 2xy? -5y° =0
< (X—y)(xX*+3xy+5y*)=0

S Yy=X
Thé y = x trd lai hé d& cho ta dugc : { o x==1

bS: x=y=1,x=y=-1

3(x*—y*)=4xy

x’y* =9

Loi giai: Taco: X'y =9 Xy =43

+)Khi: xy=3,tacé: x>-y =4 vaxi(-y’) =-27

Suyra: % () 1a nghiém PT : X2-4X -27=0 <> X =2++/31

Vay nghiém caa PT 12 X =32++/31,y =—3/2-/31
Hay X=- 2—\/3—1,y:—3 2+\/ﬁ

+)Khi: xy=-3,tacod : x*-y* = -4vax® .(-y’) = 27
Suyra: X°; (-y?) 1a nghiém PT X? + 4X +27=0 (PTVN)

* Thi du 4. Giai h¢ phuong trinh : {
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Dang 2. Mot phuong trinh trong hé c6 thé dua vé dang tich cta cac phuong trinh bac nhat
hai an. Khi dé tim cach rit mot an theo an con lai.
*Thi du 6.Giai h¢ phuong trinh

Xy +X+y=x"-2y*(1)
x\/27y—y\/x—1:2x—2y(2)

Loi giai: PK X>1,y >0 .Taco
PTA) < X —xy -2y —(x+y)=0< (x+y)(x-2y-1)=0
< X—-2y—-1=0 (trdicukientacox+y>0) <> X=2y+1
Thay vao PT (2) va bién d6i ta duoc (y+1)(\/5—2):0<:> y=2 (do y=>0)

Tu do tim duoc x = 5. )
Vay hé c6 mot nghiém duy nhat (5; 2).

y'+1 X’ +1(1)
*Thi du 7. Giai hé phuong trinh y X
X* +3y* =4(2)

Loi giai: DK Xy #0 . Taco
D)o x(y +1)=y(X+1) & x-y+xy’ —xy =0

X=Yy

<:>(x—y)(l—xy):0<:>L(y:1

V6i x = y thay vao PT2) taduge ~ 4X° =4 <> X=11.Dodo y==1

V6i xy=1<y= 1 thay vao PT(2) ta dugc
XIx=+1=y=41

X'—4x*+3=0< 1
X=+/3=>y=+——
V=51

Véy hé c6 4 cdp nghiém (x;y) la (1;1),(_1;_1),(_\@;_%]’(\/g;%j

_ X +y' =1
* Thi du 8. Giai h¢ phuong trinh :
X'y +2xy* +y° =2

Loi giai:
2x+£:§ 2(x—y)+(1—1):(§—§]

1 3 Y
2y +—=— 2x+£:§

Xy y X
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4(x — X =
Zw_y)__(xyw { 312
= L 3 oY
y X y X
(x=y
ox+ o3 [x=y=l
X X X:y:_]_
= =

X
x 3 x=—2,y=2
X

X=2y—xy =0

Ix-1-2y-1=1

*Thi du 9. Giai hé phuong trinh : {

x=1

Loi gidi: PK: 1
yz>

2

1) <:>x—y—(y+\/@):0<:>(\/§+ﬁ)(ﬁ—Zﬁ):O

Jx=2y=0 )
C1J§+J§=memcjdy_2J§

< X=4Yy. Thayvao (2) taco :
Jay-1-2y-1=1c J4y-1=2y-1+1

S4y-1=2y-1+22y-1+1<2y-1=2,/2y -1

1
2y-1=0 y:E(tm) {x:z
=N =
2y—1-=2 x =10

5
y =—(tm)
2
Viy hé ¢6 2 nghiém (x;y) = (2; 1/2) va (x;y) = (10; 5/2)
2X
X*+ Y+ s
* Thi du 10. Giai hé phuong trinh : X+y

JX+y=x-y
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X' +y* +_2xy =1;(2)

Loi giai: X+Yy ,(dk i x+y>0)
JX+Y =X"=V;(2)
D) < (x+ y)2—2xy+X2—)Q;—1:0<:>(x+ y) —2xy(X+y)+2xy — (x+y) =0
_+_

< (X+y)((x+y) 1) =2xy(x+y-1) =0
< (X+y-D[(x+y)(x+y+1)—2xy]=0
{x+y:1;(3)
=
X’ +y +x+y=0;(4)

D& thiy (4) vO nghiém vi x +y >0
Thé (3) vao (2) ta duoc x* -y =1

X = =1 =
Giéihé{ "y 1:{)( by=0 .
x*—y=1

X—=3y—-2xy =0
VXx-5+,5y-1=4

* Thi du 11. Giai hé phuong trinh : {

X3y —2{xy =0;(1)
Loigiai:

VX=5+,5y-1=4;(2)
DK:x>5y>1/5

M) < (x-y) =2y (Jy +vx)=0
& (Vy +¥x)(Vx-3/y)=0 = x=9y

Thay x =9y vao (2) ta dugc :
JOy-5+By-1=4c /(9y-5)(By-1=11-T7y

Gi,éi ra dugc : y=1hodc y=29 (loai).
Két luan: Nghiém ctiahé : (x;y)=(9; 1)

Dang 3.M6t phuong trinh caa hé 13 phuong trinh bac hai theo mot an, ching han do6 1a an
y. Lic d6 ta xem x 13 tham sb va biéu dién duoc y qua x bang cach giai phuong trinh bac
hai 4n y.

*Thi du 12. Giai hé phuong trinh
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y* =(5x+4)(4-x)()
{yz —5x* —4xy+16x-8y+16=0(2)
giai: Bién doi PT(2) vé dang  y* —(4X+8)y—5x* +16x+16=0
) ] , y=5x+4
Coi PT(2) 12 PT béc hai 4n y(tham sé x) taco A = 9X?, tir do L/ 4 y

*V6iy= 5x+4, thay vao (1) dugc

4
(5x+4)" = (5x+4)(4—x) < 6x(5x+4) =0 | <~ 5 V=P
x=0=y=4
*V6iy=4 - x, thay vao (1) dugc
2 X=4=y=0
4-x) =(5x+4)(4—x) < 6x(4—X) =0
(4—x) =(5x+4)(4-x) < 6x(4-x) C{x:O:y:4

Vay h¢ d4 cho c6 3 nghiém (x; y) Ia (0;4),(4;0),(—3;0]
X*+X—y+y’ =4
X(X—=y+1)+y(y-1)=2

Loi giai: Tru theo vé hai phuong trinh d4 cho ta suy ra xy = 2. Bién d6i twong duong
phuong trinh dau cta hé

X +X-y+y =4 (X-y) +(x—y)+2xy-4=0
X—y=0
X—y=-1

* Thi du 13.Giai hé phuong trinh : {

<:>(x—y)2+(x—y):0<:{

+) Vé6ix - y = 0 két hop véi xy = 2, ta dugc hai nghiém x = y = i\/z
+)Voix-y=-1tacohé

Xx+(-y)=-1
{ < X (=Y)

x(-y)=-2
La c4c nghiém cta phuong trinh ? +t-2=0;dodo x=1; (-y) = -2 hodc x=-2 ; (-y) =

bS

(x:: \/E;y=\/§);(x:—\/§;y:_\/§);
(x=Ly=2);(x=-2y=-1)

Dang 4. Phuong trinh Cua h¢ 1a phuong qtr‘lnh mii hodc logarit, ta dung phuong phap mii
hda hoac logarit hoa dé rat mot an theo an kia.
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2".3 =12

*Thi du 14. Giai hé¢ phuong trinh
3.2 =18

Loi giai: Logarit co s6 2 ca hai PT trong hé, ta dugc

X+ylog,3=2+log,3
xlog,3+y=1+2log,3
Pay 1a phuong trinh bac nhét hai an. Giai tim duoc (X; y) = (2;1)

*Thi du 15.Giai h¢ phuong trinh Vx -1+ \/2 -y =1(1)
3log,(9x*) —log, y* = 3(2)

Loi giai: DK X>1,0<y <2

(2) & 3(1+log, x)—-3log, y=3<log,x=log,y & x=y

Thay y = x vao (1) dan dén (X—l)(Z— X) =0 Xx=1 hoic X=2
Voix=1thiy=1;véix=2thiy=2
Vay hé phuong trinh ¢ hai nghiém (x; y) 1a (1; 1) , (2; 2)
11. Phwong phap dit 4n phu " ¢ .
Diém quan trong trong viéc gidi hé PT 1a phat hi¢én an phy u= ) (X’» y)j V= g (X’ y)
Co ngay trong ting phuong trinh hodc xuat hién sau mot so phép bien doi hang dang thire
co ban hodc phép chia cho mot biéu thirc khac 0 dé dua hé vé dang don gian hon.
*Thi du 16. Giai h¢ phuong trinh X" +1+y(y+x)=4yQ)

(X +1)(y +x-2)=y(2)
Loi giai: Ta thiy y = 0 khong théa man PT(1). Xéty 0, ghia hai vé ctia (1) va (2) cho y
ta duogc:

uv=1
x* +1=y(3)
X+y=23(4)

X +1+y+x:4
y

(X +1)(y+x—2):1
y

Giai hé duocu=v=1, trdo tacod {

Thay (3) vao (4) ta co
x=1
x+x2+1:3<:>x2+x—2:0<:{ )
X=-

Voix=1thi y=1"+1=2 Véix=-2thi y=(-2)*+1=5
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Vay h¢ c6 hai nghiém (x; y) 18 (1;,2),(—2;5)

Axy +4(x*+y )+ —— =7
*Thi du 17. Giai hé phuong trinh (X + y)

2X + =3

X+Yy

Loi giai: DK x + y# 0. Khi d6 bién d6i hé da cho thanh dang

2 2 3
3X+y +(X-=Y _|_—2:7
ey ) (x+Y)
2x+L:3
X+y
bat uzx+y+i(‘u‘22);V:X—ytaduqchéPT {3U +v' =13
X+y u+v=3

Giai hé PT nay ta duge U =2,V =1(do|u| > 2), tir d6 ta cd h¢ PT

1

X+y+——=2 x+y=1 [(x=1
X+y = 1<:> 0

X— - =

x-y=1 y y

Vay hé phuong trinh da cho c6 nghiém duy nhat (X; y) la (]_; O)

*Thi du 18. Giai hé phwong trinh Slog, x-3log, y =-8
10log, x* —log, y = 10

Loi giai: Dat U =10g, X,V =100, Y, ta cé hé phuong trinh

— 2
IO X=— __ 95 2
Do d6 9. 5 & X=2 . Vay HPT c6 nghiém la (2%16)
log,y=2  (¥=16
1
22X+ X——=2
* Thi du 19. Giai h¢ phuong trinh : y
y—y'X-2y*=-2
Loi giai: PK: Yy =0
) 1
2X" +x-—-2=0 ‘ 2u°+u-v-2=0
He o y dua hé vé dang )
2 1 2vi+v—-u-2=0
y 'y
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u=v u=v=1
= {u:l—v Slu=v=-1
2vP+v-u—-2=0 u_3_J7 u_3+J7
2 2
__—L+J7’\r_—1—v7
2 2
cua hé

D), 3—J?; 2 ’3+J7_ 2
2 711

x+1l+y-1=4

IX+6+y+4=6

* Thi du 20. Giai hé phuong trinh : {

Loigidgi: PK: Xx>-1,y>1

Cong vé theo vé rdi trir vé theo vé ta c6 hé :

VXH+L1H+X+6 +y —1+y+4 =10

VX+6 —vx+1+\y+4-Jy-1=2

Patu= VX +1+VX+6,v=1/y—1+y+4.Tacohe:

u+v=10 {U:S {X=3

5 5 = la nghiém cua hé.
+—= 5

=
—+—=2 v=5 y=
u v

X*+y +xy+1=4
* Thi du 21. Giai hé phuong trinh : y , X , y
Yy(X+y) =2x"+7y+2
Loi giai: Déthay Yy # 0, taco :

2

X°+1
{x2+y2+xy+l:4y ol Y

Yy(X+y) =2x"+7y+2 (X+y)2_2x+1:7
y

+X+y=4

bat U=

,V=X+YV taco h¢

u+v=4 u=4-v v=3,u=1
& &
v:i-2u=7 V:+2v-15=0 v=-5u=9

2 J7+1

|

Tur d6 ta c6 nghi¢m
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9 Veiv-du-lweshe:
X +1l=y X*+1=y X*+x—2=0 x=1y=2
= = =
X+y=3 y=3-X y=3-X X=-2,y=5
+) Véiv=-5u=9 taco hé:
X’ +1=9y X’ +1=9y X*+9x+46=0
= =
X+y=-5 y=-5-X y=-5-X
KL: Vay hé da cho c6 hai nghiém : (x; y) = {(1; 2),(-2; 5)}

, hé ndy vd nghié¢m.

_ X' = x'y+xy* =1
* Thi du 22. Giai hé phuong trinh : , ,
Xy —X"+xy=-1
(X =xy)* =1-x’y
X'y —(x*=xy)=-1

u>=1-v

Loi giai: * Bién d6i hé twong duong vai {

ﬂ X’ —xy=u
*Pit an phu , , ta dugc hé
X'y =v v-u=-1
*Giai hé trén dugc nghiém (u;v) 14 (1; 0) va (-2; -3)
* Tu d6 giai duge nghiém (x; y) 1a (1; 0) va (-1; 0)

II1.Phwong phap ham 0

Dang 1. Mot phuong trinh trong hé c¢6 dang f (X) = f (y), phuong trinh con lai gitp ta
gi6i han duoc x, y dé trén d6 ham sé f don diéu.Tur do suyra X = y

X’ =b5x =y’ -5y(1)

x*+y' =1(2)

Loi giai: T PTQ) tacs X° <1 y* <le|x|<1|y|<1

xéthamsé f (t) =t —5ttrendoan[-1;1], tace f (t)=3t*-5<0,vte[-11]
Do d6 ham sé f () nghich bién trén [-1;1], nén tix PT(1) suyra X =Y. Thay vao PT(2)

ta duge X* + X' =1=0.
pat U= X" >0 vagiai PT U> +U—1=0 tuong tng ta duge

~1++/5 ~1++/5
R e A e

Vay HPT dé cho c6 hai nghiém (X;Y) la

i/—1+\/§;§/—1+\/§ " _i/_1+\/g;_§/_l+\/§
2 2 2 2

Dang 2. Hé d6i xtng loai hai ma khi giai thuong dn dén mot trong hai chuong trinh cua
hé c6 dang f (X) =0 hoac f (X) =f (y) trong d6 f 1a ham don diéu.

*Thi du 23.Giair hé¢ phuong trinh {
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X+UXP=2Xx+2=3"+1

y+4y —-2y+2=3"+1
Loi giai: Pat a=X—1,b =y —1 ta dugc he

a+a+1=3(1)
b+vb? +1=3"(2)

Trir theo vé hai PT trén, taduoc a++va’ +1+3* =b++vb* +1+3° (3)

: VP +1+t
xéthamsd f(t)=t+vt*+1+3,c6 f (t)=————
Vit +1

ViVE+1> Wt >t =V +1+t>0= f(t)>0,Vt dodo ham sé f (t)

dong bién trén [ . Twd6 PT(3) co dang f (@)= f (b) < a=b, thay vao PT(1) ta

duoc a++a’+1=3% (4)

Theo nhan xét trén thi @ ++/a” +1 >0 nén PT@) < In(a+\/a2 +1)—a|n3:0
Xéthamsé g(a) = In(a+\/a2 +1)—a|n3 c6

*Thi du 24. Giai hé phuong trinh

+3'In3

. 1
g(a)=——-1In3<11-1In3<0,Vaell,

() va‘+1
Nén ham s6 ¢ (a) nghich bién trén [J va do PT(4) c6 nghiém a = 0 nén PT(4) c6 nghi¢m

duy nhat a = 0. Tir d6 ta duoc nghiém cuia hé ban dau 1a (X; y) = (1; 1)

IV. Phuong phap danh gia

V61 phuong trinh nay, can luu y phat biéu cac biu thire khong &mtrong h¢ va ndm virng
cach véan dung cdc bat dang thirc co ban nhu BDT Cauchy, BDT Bunyakovsky. Thong
thuong phuong phap nay cho ta cach giai ngan gon.

2
) N . IUx*=2x+9
*Thi du 25. Giai h¢ phuong trinh <
2Xy )
y+ =y’ +X
Jy°—2y+9

Loi giai: Cong theo vé hai PT cta hé ta dugc
2Xy N 2Xy
Ux—2x+9 Yy’ -2y+9

Taco

\3/x2—2x+9:,/(x—1)2+822:>\/ 2xy < 2|xy <2‘Xy‘:\xy\

Y2 —2x+9 I —2x+9 2

=x"+y* (1)

2Xy 2 2 A
Tuong tu < \xy\, ma theo BDT Cauchytaco X" +Y° 2 2|xy| nén

Jy:—2y+9
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X=y=1
x=y=0
Thur lai ta dugc nghiém (X; y) cua hé 1a (0; 0) , (1; 1)

VT (1) <VP (1). Ddu bang xay ra khi {

y=-X+3x+4
*Thi du 26. Giai hé phuong trinh ,
X=2y —6y-2

y—2=—(x+1) (x-2)()
x—-2=2(y+1) (y-2)(2)

Néu x> 2 thi x- 2> 0, tir (1) suy ra y - 2 <0, diéu nay mau thudn voi PT(2) co x -2 va y -
2 cung dau.
Vay nghiém cua hé 1a (X; y) = (2; 2)

Loi giai. HE da cho tuong duong voi {

2X+ 2 —X =3
*Thi du 27.Giai hé phuong trinh y y
V3x+1+43y+1=4
o 1 1
Loi giai: DK >q120;x2—§;y2—§

Tur 2x+2y—J7y:3: X+yY>0=X,y>0 (do Xy >0). H¢ da cho tuong
duong véi

{4x+4y—2\/W=6

43X +1+4,/3y +1=16

= Ax+4y—2./xy —4/3x+1-4,By+1+10=0

<:>(3x+1—4\/3x+1+4)+(3y+1—4 4y+1+4)+(x—2 xy+y):0

@(JBTH—Z)2+( 3y+1—2)2+(x/§—\/§)2:0

- \/3x+1:\/3y+1:2©{x:1
Jx=\y y=1

Vay nghiém ctia hé (X; y) = (1; 1)

Sy +i-y =y
2\xy-y =y =-1(2)

Loigiai: PK 0<y<1,x>0,xy -y =>0(*)

*Thi du 28. Giai hé phuong trinh {
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Ta thiy y = 0 khong phai 12 nghiém ciia hé. Voiy # 0, tir (*) tasuy ra X >1. Khi d6

=1
M%—«/l— y > \N Do do, (1) < {3(/_1. Thay cip (X; y) :(1;1) nay vao hé ta

thay thda man h¢. Vay nghiém ctia hé 13 (X; y) = (]_; 1)
V.Diéu kién c6 nghiém ciia hé phwong trinh

2Xx =Yy’ —4y+5m
* Thi du 29 :Cho hé phuong trinh : ,
2y = X" —4X+5m

a/ Gidi h¢ v6im = 9/5 ,
b/ Tim m d€ hé c6 nghiém duy nhat.
Loi giai : a/ Néu m = 9/5 thi hé tr¢ thanh
{Zx: y'—4y+9 {Z(X— y)=y’ —x*—4(y—x)
=N

2y =x* —4x+9 2y =X’ —4x+9
(= x

(X-y)(x+y-2)=0 {x2—6x+9:0

{Zy:x2—4x+9 g y=2-X
{x2—2x+5:0

Hé c6 nghiém duy nhét y = x = 3.

b/ Néu X = 1, y= ﬁ la nghiém ctia hé thi X = ﬁ, Y = & ciing 1a nghiém cua h¢ nén
néu h¢ c6 nghiém duy nhét thi phai c6 X = o,y = B, trong d6 & 1a nghiém duy nht
cua phuong trinh :

2x =X —4x+5m(< x* —6x+5m=0)

, 9
Vi vay phai c6 A :9—5m:0<:>m:g

Dao lai : Néu m = 9/5 thi theo a/ ta thay hé c6 nghiém duy nhat .
bS: m=9/5 i
* Thi du 30.Tim m dé hé phuong trinh :

X*—y*+3y’—3x-2=0

x2+\/1—x2—3\/2y—y2+m:0
1-x*>0 -1<x<1

=S
2y—-y*>0 0<y<2
patt=x+1 =1te[0;2];taco (1) < t° -3t =y* -3y”
Ham s6 f(u) = u® - 3u® nghich bién trén doan [0; 2] nén :
Deoy=yoy=x+1=22) < x-241-x*+m=0
pitv=vV1-X* >ve[0l]= (2) & Vv +2v-1=m

6 nghiém thuyec.

Loi giai: BK: {
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Ham s6 g(v) = v? +2v -1 dat ming(v) =-1;max g(v) =2
[0:1] [0:]
Vay hé phuong trinh ¢6 nghiém khi va chi khi —1<m<2

* Thi du 31.Tim a dé hé phuong trinh sau ¢6 nghiém:

{Jx+l+Jy—1:a

X+y=2a+1l

Loi giai: PK: X>-1,y >1
Hé¢ PT

Vx+1l+y-1=a Ix+1+y-1=a
= (Vx+1) +(Jy-1) = 2a+1 x/x+1.«/y—1:%[a2 ~(2a+1)]

Vay \/X + 1V3\/y —1 langhiém ctia phuong trinh :

TZ—aT+%@f—2a—D:O*

RO rang h¢ trén c6 nghiém khi pt * c6 2 nghiém khong am

BAI TAP
Bai 1: Giai cac hé phuong trinh sau:
y Xy —3x—-2y =16
X2 +y —2x—4y =33
) X*+3y=9
|y +4(2x-3)y* —48y —48x +155=0

( 1 1
t.T_g
{Jﬁ+y2+wa:8J§ YT
3/ 4/ <

bS:
Vx+fy=4 %+y“w%+£§:9
Xy
(1 31\/5]_(31\/5 1]
) 2 ) 2 H

1 —
5/ (X+y)(1+x_y)_5 os. (712\/5’_1]{_1’71;%\/5]
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g[SV AL (306 (5
3X2_2y2—9X—8y:3 ’ 2 ! )

. {xy+x+1:7y

Xy + xy +1=13y?
17x* =34y —4X’y +8xy* + xy =4
{x“ +4y? +xy—4x’y =4

" {\/x+y+\/x—y:4 » {x 4y =1

8/

X' +y" =128 XY +2Xy° +Y’ =2

Xy(2x+y—6)+2x+y=0
y {x“ + 2%y + X2y =2X+9

2 12/ 1 2
X" +2Xy =6Xx+6 (Xz+y2)(1+_] _g
Xy
(X+y)(1+i):5 x4y =4
13/ Xy wu y =
xy+i:4 VX+5+.y+5=6
Xy
(x+y)(1+i]—4
:5 =
18/ {\/;-i_\/y 16/ ZXy 2
VX+5+.y+5=8 xy+i+x Y,
Xy Xy
X + y _E (X+Y)(1+i]:6
x*+1 y*+1 3 Xy
17/< 1 18/< 2
1
X+y 1+—]:6 X2 2\ 14+~ | =18
ey ey d)
2 1
X+2y) +—— =10
X(X+1)+£(£+1):4 ( y) (2X_y)2
19/ yly 20/ 5
X3y3+Xy+X2y2+1:4y3 ;)_:_;/:3
(2 y)' -5(ax ')+ 6(2x- ) =0
21/5
2X+ Y+ =3
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1
X+Yy)1+—|=5 X+y)1+— =6
( y)( xy) ( y)( W]
22/ . 23/ )
1
X+ y*)| 1+ =49 ‘+y*)|1+— | =18
ey )( Xzyz] by )( +><y]

{2x2y2 +X +2xX=2
24/ 25/

22Xy —x*y? +2xy =1
y* =(5x+4)(4-x)
y? —5x° —4xy +16x-8y +16=0
» y: =(x+8)(x*+2)
y* —(4x+8)y+16+16x—5x* =0
X' +1+y(y+x)=4y
27/
(X*+1)(y+x-2)=y

28/

=7

4xy +4( x> +y* )+ -
(X +y°) )

2x+L:3
X+Yy

2 V3+x2 +2Ux =3+.fy 20/ Xy*—2x+y =0
[3+y +2\/§:3+\/§ 2x° +3x*+6y—-12x+13=0
Ix+1+y-7=4 IX+9+,y-7=4
31/ \/y 32/ \/y
JYy+1+Vx-7=4 JY+9+4x-7=4

Y= {(4x+2) ~2y+15
34/

33/{2y°+2=6y+6 )
32°+x=9z+8 (4y+2) =2x+15

Yo+ YR+ 2% =[xy — Xty
35/
8xy’ +2y° +1>4x* +2,[1+(2x~y)’

rx+y+(zz—82+14) X+y-2=1
36/

2X+5Y+/Xy+2z=3
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gy VX HY =y =y
x‘—y'=144

28/ X*(y+1)(x+y+1)=3x* —4x+1(2)
Xy + X+1=x*(2)

“+1 x*+1
Y2 X
40/4 Y X
X* +3y* =4(2)

Xy +X+y=x"-2y*(1)
39/
x\/27y— yvx—=1=2x-2y(2)

w y* =(5x+4)(4-x)(1)
y? —5x° —4xy +16x -8y +16 =0(2)

X' +1+y(y+x)=4y() Dy +A(X Y+
42/ 43/

(X" +1)(y+x-2)=y(2) oys L _3
X+ Y

» X+X —2x+2=3"+1 45/{x3—5x=y3—5y(1)
y+Y —2y+2=3"+1 X +y'=1(2)
x+2—w—x2+y

» Yx? —2x+9 47/{y:—x3+3x+4
<
y+ 2xy Y X X=2y"—6y-2

Jy —2y+9

2X+ 2y — =3
48/{ y—xy

V3x+1+43y+1=4

Bai 2: 1/ Tim m dé hé phuong trinh sau ¢ nghiém:

2X—4y—-1=m
2y —x=1=m

2/Tim m dé hé phuong trinh sau ¢6 nghiém duy nhét:

\/§+«/y+2:m
VX+2+4y=m
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B .MOT SO Ki NANG PAT AN PHU TRONG GIAI PHUONG TRINH
VO Ti

Trong nhiéu trudng hop giai phuong trinh vo ti ma ta bién ddi tuong duong s& dan
dén mot phuong trinh phuc tap, co thé bac qué cao, ...C6 18 phuorng phap dat an phu 1a phd
bién va hitu hi¢u nhat dé chuyén vé mot phuong trlnh don gian va dé giai quyet hon.

Diéu quan trong trong phuong phéap dat an phu 1a nhan ra cach dat an phy nhu thé
nao cho phu hop va diéu kién cua an phy 12 phan khong thé thiéu - Pay 1a méu chdt ctia van
dé can suy nghi, dinh huéng sao cho diing thi bai toAn mai dugc giai quyét nhanh gon.

Mot s6 phuong phap dat an phu ma chlng téi mudn néu trong tham luan 1an ndy la:

+ Phuong phép lugng gidc hoa.

+ Phuong phap dung &n phy khong triét de.

+ Phuong phép dung a an phu dua v¢ dang tich.

+ Phuong phéap dung an phy dua vé hé.

I/ Phwong phap lwong giic héa.
. ) ] T T
1/ Néu ‘X‘ < @thi ta cd thé nghi dén dit x = a.sint , voi te _E , E hoac

x=a.costvei t €[0;7].
Vi du 1: Giai phuong trinh: V1++v1- x> = X(1+ 2N1- Xz)

7T T
Goi y 101 gigi: PK: |X| <1, Pat: x = sint , voi t 6[ x 2} Pt tro thanh:

V1+cost =sint(1+2cost) < \/Ecos% =sint+sin 2t

& C0s— (fsm——l) 0

T
Giai ra va két hop diéu kién ta duogc: =% Suyra: x=1/2
1-2x 1+2X
Vi du 2: Giai phuong trinh: \/1_ 2X + \/1"‘ 2X = \/1+ ox + \/1_ o%

1
Goi ¥ I6i gidi: PK: |X < 3. Biit: 2x = cost voi ¢ €(0;7) . Ptire thanh:

\/5 sin£+cosL :tan£+cotL
2 2 2 2
PbS:x=0

Vi du 3: Giai phuong trinh: x*—3X=/X+2 @)
Goi y loi gigi: PK:x >-2
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Chiy: x> 2, taco: X - 3x = X + X(X? - 4X) > X >~/x+2 . Do d6 dé giai pt (1) ta chi cn
xét

t
X €[-2 ;2]. Dat: x=2cost véi L € [0; 7T]. Pt trg thanh: cos3t = cos’, .
r 2 r a 72- 72-
2/ Néu ‘X‘Zath‘ltacéthénghidéndzjt X=—-tel-——;-[t#0 hoac
sint 22

X:i,te[o;ﬂ],t;tz.
cost 2

2 [\,2
Vi du 4: Giai phuong trinh: X (1_ X _1):1

1 /4
Goi y 1o gigi: PK: |X|>1. pat =t =T 5 ,t#0. Pttro thanh:

12 (1—|cott|) =1 <> |cott| = cos’ . Xét hai truong hop dé gii.

sin“t
3X
Vi du 5: Giai phuong trinh: X+ > - 6\/5
VX -9

3 T
Goi y 101 gigi: PK: |X|>3. pit: X=——te(0m) t# 2Pt thanh:

1 1
3 + = 6\/5 J . \ 2 e,
(COSt cost. \tan t‘] . Xét hai truong hop dé giai.

7T T
3/ bat x = tant, te ( 2" j dé dwa vé phuong trinh hrong giac don gian

hon.
Vi duy 6: Giai phuong trinh: X3 - 3\/_X2 —3X+ \/_ =0()

3X— T 4
Goi y loi gidi: (1)<:>W \/_ . bat x = tant, te(_E’Ej’tiig, ta dugc

phuong trinh: tan3t = V3. Giai ra déi chiéu diéu kién.

) 2
+1 (X +1)
2x  2x(1-x?)
Goi ¥ Ioi gigi: Diéu kién: x # 0, x # 1 vd x#-1. Dat x = tant,

T
te| —;— t;t_— t=0
22 4

1 N 1 1
\cost\ sin2t  sin2t.cos2t
II/ Phuwong phap ding 4n phu khéng triét dé.

[5 X’
Vi du 7: Giai phuong trinh: X*+1+

Ta dugc phuong trinh: .Giai ra d6i chiéu diéu kién.
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Pua phuong trinh da cho vé phuong trinh bac hai ddi véi 4n phy, hodc dbi véi bién d4 cho.
Tim quan h¢ gitra an phu va an da cho theo mot h¢ thirc don gian hon.

Vi du 8: Giai phuong trinh: 2N2X+4 +442—x =/9x* +16 (1)
Goi y 161 gidi: Didu kién:|x| <2, ta c6: (1) <> 8(4—X* ) +16,/2(4—x*) = x* —8x

bat: t= 2(4 - Xz),t >0, Ta duoc phuong trinh: 4t%+ 16t - X* - 8x = 0. Giai phuong
trinh nay theo bién t ta dugc: t = x/2 hodc t = - 4 - x/2 (loai). Giai tiép phuong trinh t = x/2.
Vi dy 9: Giai phuong trinh: X° + X +12/x+1=36 1)

Goi ¥ loi gigi: Didu kién: x > -1. Dat: t= \/m > 0. Phuong trinh tro thanh:

—6+6t
xt?+12t-36=0 & U= (vi X = 0 khong théa (1))
—6 + 6t
*Vc’yit:T,tacc’):6:(6—x)t:x:3hoécx=8(loai)hoacX:O(Ioai).
—6—6t
*Voi t:T (ptvn)

Vidu 10 Giai phuong tinh: 3( V2 +1-1) = x(1+3x-+8v2x¢ +1) o

Goi ¥ loi gidi: (1) <> 3V2X* +1-3=X+3x* +8xy/2x* +1
©3Y2x° +1-3=x+3(2x" +1)+8xy2x"* +1-3x* -3
Pat: t=v2x*+1>1, taduoc phuong trinh:3t% + (8 - 3)t + x - 3x* = 0.
Giaira: t=x/3 hoact=1 - 3x.
Vi du 11: Giai phuong trinh: 2008x* —4x +3 = 2007 x~+/4X -3

4
Goi ¥ Ioi gii: Diéu kién: X 2 3 Pat: t= V4X—3 >0, ta duoc:

t
2 2 N
2008x° —2007t.x—t“=0. Giaira; x=thodcx= 2008

Vi du 12: Giai phuong trinh: (4X —1)\/ X} +1=2x>+2x+1

Goi ¥ loi gidi: Pidu kién: X > —1 Pit: t = / x*+1>0 , ta duge: 2t - (4x-1) t+2x-1
=0
I1I/ Phwong phap dung 4n phu dé dwa vé dang tich:

1/ Dat mot an phu:

[ 3 9
2
Vidu 13: Giai phuong trinh: X~ + X+§ :Z 1)
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3 3
Goi y loi giai: Dicu kién: X2 _E Pt t= 4| X+ E >0 , ta duoc:

t*-3+t=0<1t=0 hoic *-3t+1=0(2)
Giai (2): bat t=2cosu, voi ue [0; 7], ta dugc cos3u=-1/2

3
Vi du 14: Giai phuong trinh: x* —3x* +2 (X+ 2) =6X (1)

Goi ¥ loi gigi: Didu kién: X = —2 . Pit: t= VX +2 >0, ta dwoc:
t=x
x3-3xt2+2t3:0c>(X—t)z.(x+2t):0c> , X

Vidu 15: Giai phuong trinh; X++4/95++/X-1 =6

Goi ¥ loi gidi: Pidu kién:1 < X < 6—\/3 .bat:t= vVX—-12>0, ta duoc:
t2 +/5+t :5<:>t4—lOtZ—t+2:0<:>(t2+t—4)(t2—t—5)=0

Viduy 16: Giai phuong trinh: \/].OX2 —-5Xx+3 —\/X2 +X+2=3x-1 (1)
Goi ¥ 1oi gigi: Nhan xét
(\/10x2—5x+3—\/x2 +x+2)(\/10x2—5x+3+\/x2 +x+2):(3x—1)2
Do do:
L) (3x—1)(\/10x2 —5X+3+/X2 + x+2) = (3x-1)’

3x-1=0
= 2
V10X —5x 434X 1 x2=3x_1 D

LAy (1) + (2): V10x? =5x+3 =3x—1 (PTVN)
Két luan: x=1/3 )
2/ Dit hai an phu:

Vidu 17: Giéiphuorngtrinh:\/4X2 +5X+1—2\/X2—X+129X—3

2 2
Goi ¥ li gidi: Nhan xét (\/4X2+5X+1) —(2\/X2—X+1) =9x-3
Pit: U=v4X* +5X+1,v=2vX*—X+1=9X-3 . Ta duoc:

u’-v’=u-veu=vhoicu=1-v

Vidu 18: Giai phuong trinh: 2(X2 —3X+ 2) =3Vx*+8

-2<x<1
Goi y loi giai: Dicu kién: x> 2
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Nhan xét:

Vx®+8 :\/(x+2)(x2 —2x+4)&(x2 —2x+4)—(x+2):x2 —3X+2
Pat: U=+X"—X+4,V=1+/X+2 . Taduoc: 2(u? - V%) = 3uv < (2u + V)(u - 2v) = 0

Vi du 19: Giai phuong trinh: V5X2 +14X+9 —v/x2 —x— 20 =5vx +1 (1)
Goi y loi gidi: Diéu kién: x > 5
@) < J(x+1)(5x+9) = /(x+4)(x=5) +5Vx+1

& 2(x? —4x—5) +3(x+4) = 5,/(x* ~ 4x—5)(x+4) =0

Pat: U =~/X*—4X—5,V=+/X+4 Tadugc: 2u% + 3v*- 5uv = 0 < (2u -3v)(u - v) = 0

Vi du 20: Giai phuong trinh:

\/;ﬁt“\/x(l—x)z+‘{/(l—x)3 =m+i/x_3+m

Goi ¥ loi gidi: Pidu kién: 0 <x <1

u=4x
Dit

(u=0,v=0,u*+v*=1)

v=1yl-X

Ta dugc: v’ + W+ V=V + P +uv < (U+V)(u-v)(1-u-v)=0
Giai hai truong hop:

u+v=1
* U:V *
ut+vi=1

IV/ Phwong phap dilqng 4n phu dua vé hé.
1/ Dung mot an phu:

Vidu 21: Giai phuong trinh: x° +\/m =95
Goi ¥ loi gidi: Didu kién: . Pat T = m,t >0, ta dugc hé phuong trinh:
X*+t=5 [xX*+t=5 X +t=5
{tz—x:SQ{xz—tz+t+x:0<:>{(x—t+1)(t+x):0
Vi du 22: Giai phuong trinh: X +1= ZM Q)
Goi Y loi gidgi: Dat T = m , ta dugc hé phuong trinh:
{x2+t:5 {x3+1:2t {x3+1:2t
e fe—
t?—x=5 [t®+1=2x x*—t*+2(x-t)=0

X3 +1=2t C4l=2 [xX+1=2t
= 9 9 R A\ ) )
(x-D)(X++xy+2)=0 " [(x-)=0 [ +t?+xy+2=0

[x3—2x+1=0
o

(x+t)2 +X° +t? +4=0(vn)
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Vi du 23: Giai phuong trinh: X =2012++/2012 + Jx (1)

Goi ¥ loi gidi: Pidu kién: x > 0. bat t = 2012 + \/;,t > 2012, ta dugc hé phuong trinh:

t=2012++x  [t=2012++x  [t=2012++x
= =

X =2012 +/t t—x=x-t (\/_—\/;)(x/;+\/t_+l):0

@{::2012+&@x—\/§—2012=0
=X
Vi du 24: Giai phuong trinh: X°—2x=2J2x-1 (1)
Goi ¥ loi gidi: Diéu kién: x > 1/2.
(Chon an phu tir viéc lam nguogc).
x* —2x=2(ay +b)

pat V2X—1=ay+b . Tima, b dého
at y mea, b aehe (ay+b)2:2x—1

la hé d6i xung!!!

Léya =1;b=-1, ta duogc hé:

x*—-2x=2(y-1 x> —2x=2(y-1
(y )<:> (y )(le,yzlj
y? -2y =2(x-1) x> —y*=0 2

Giairadugc x =y = 2++/2,
Déi chiéu diéu kién ta dugc nghiém duy nhét ciia phuong trinh: x =2 + V2
2/ Dung hai an phu:

Vi du 25: Giai phuong trinh: 457 —x +4/x+40 =5 (1)
u=-<57-x

Goi ¥ loi gigi: Didu kién: —40 < X <57 . pat: .Ta duoc hé phuon
v=1x+40 phione

trinh:
u+v=>5
ut+v* =97
u+v=>5 U+V=5 u+v=> iyeE
= [(U+V)2—2UV]2—2U2V2—97<:> 2(uv)2—10uv+528—0<:> {UVZG <:>{uv—6
- - uv = 44 -

[ (u=2
{v=3
< U3 Suy ra két qua.
{sz

7 2
Vi du 26: Giai phuong trinh: X? _Z\/; +1= (1_ \/;) Q)
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U=+X
Goi v loi gidgi: Diéu kién: x> 0. Dit: .Ta duogc hé phuong trinh:
Goi y o1 gidi: _1-Jx phuong
u+v=1 u+v=1 u+v=1

ut —v :—u—lc>Lﬁ—@—ufzzu—lc>Lﬁ—@—ufzgu—ﬂﬂ

u=0—->x=0
Taco: (*) < u(du-3)P2=0< L3 9 .

= — 3> X = —
4 16

Nhén xét: Viéc dung an phu dé giai phuong trinh, hé phuong trinh, bat phuong trinh la
phuong phap pho bién, dugc sir dung rong rdi . Tuy nhién dat an phy nhu thé nao dé c6 the
giai quyét dugc van dé, tlly thudc vao su quan sat nhay bén, khéo 160, linh hoat cia mdi
nguoi. .
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HE PHUONG TRINH MU VA LOGARIT

1) X+y=1 ps-: x=|og2(1+\/§)
2X-2Y =2 y=1-log,(1++/3)
X+y=2 X =0
2) {3* 4y 8 bS: {yzz
9
log, X+ log, y =1+ log, 2 " |y=+31-5
2 2
Yy’ = =2
4){ Koy =3 ps: {X
logs(x+y)—log,(x-y) =1 y=1
2% =5y% 4y _ _
5){4x+2x+1_ ps: {X_gv{x_i
2" +2 V= =
I =3 =2
6] 2x_+ 0g, Y 3 BS: x_
(-2y° -y +12).3" =81y y=3
Xy
7){ 477 =32 ps: {X:_i
log, (x—y) =1-log, (x+y) V=
3X
xlog,3+log, y =y+log, — X =1
8) z DS:{
xlog312+log3x=y+log2?y y=2
9 log® x = log® y + log*(xy) - x=2V Xz\/\/%
log®(x—y) +log x.logy =0 “ly=1 Y=
In(1 —In(1 =X- =0
10) n( 2+i<) n(+y)2_x y DS: X_
12xy +20y° =0 y=0
433 = —log, 5
1) {22 +3.3' =19 DS {x yiglz
12) 344 = pS: x=0 x=log, 6
34 = “|ly=1log,6 |y=-log,6
3
4x* —y? =2 =2
13) DS: 4
log, (2x +y) —log,(2x - y) =1 y==1
2

C.BAI TAP BAT PHUONG TRINH MU, LOGARIT, VO Ti.
1/ Giai cac bat phuong trinh:
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al (32) o —(\/3+ J8 —1) >0 b/ 152 - 3% 54 < g ¢/ 5°.8%1 >100

d/ 22x2—6x+3 n 6x2—3x+1 > 32x2—6x+3 e/4x+m _5.2x—l+m <6 g/
1527041 > [ 1] + 2
h [2(5" +24) /5 =7 25" +7 i/ V84 2V g gl s g
(Ddp 562 al(-o0; - V5] U[81+0) ol (4; +0) ¢ (_1;%] U[2:+)

d/ {3—\6;3“@} e/ (—0;—/2] u[x/i;g) g/ (-o0; 2] h/ [logs7;2] i/

2 2
[-1:3)
2/ Tim m dé bét phwong trinh sau nghiém dtng véi moi x thuge R: m.4* + (m—1) 2**% +
m-1>0.
o (Pdp s6: m>1)

3/ Tim m dé bat phuong trinh: m.9” — (2m +1).6* + m.4* < 0 nghiém daung v&i moi x thudc
doan [0;1]. ,

(Ddp s0: M <6)
4/ Tim m dé bat phuong trinh: 4% + 2(2m +1)2Xz +4m? —3> 0 nghiém ding véi moi x
thuoc R: .

(Ddp so:m < -
1 hoac m>0)

5/ Tim m dé béat phuong trinh sau nghiém ding véi moi x thudc R sao cho [x|> %:

m.9% ™ —(2m+1)6>* + m4>** <0 (Pdp s6: m <0

)
6/ Giai cac bat phuong trinh:

a/2.2*+3.3*>6-1 b/ V=2x* +5x+3+3>3x5*\/-2X* +5X + 3+ 9x.57*

2-x _ 1-x _
o 332X 4 a 2 t1-2x
4* -2 2°-1
(Ddp sé: Dua vao tinh don diéu ctia h/sé. a/x <2 ; b/Xe{_l;g}; o xG(%;z] :
2
d/0<x<1)
7/Giai cac bat phuong trinh:

1
al Ioga[(x+2)(x+4)]+log%(x+2)<EIogJ§7 b/

1-9log? x >1-4log, x
8 8

¢/ log; (—x* +x+2)+3log, (—X* +x+2)+2<0 d/ Ioggleogg‘/l—z
2
1 liog,x Llog? x log? x logg X
e/zx2 > 24 g/67% " + x77 7 <12
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(Ddp sé: al 2< X <3 bl X e[%;l) ¢/xe[0;1]  d/x=2hogc0<x<
4/5
el XE(O; 2*Zﬁ)u[2m;+oo) g/ xe {%;6}
8/Giai cac bat phuong trinh:

a/ log, [ log, (log, ;9)]>0 b/ log, [Iogg(QX —72)} <1 cllog ,, [Iog1 xj <0
2 2 2

2
(Ddp sé: al (4:10) b/ (Ioge73; 2] ¢/ (l;ﬁj g [l;lj
4 4 2
9/ a/ Giai bat phuong trinh; 1095 v3x+4.log 5>1 (1)
b/ Tim m dé moi nghiém cia bpt (1) ciing 1a nghiém cta bat phwong trinh:
1+logs (x* +1)+log, (X* +4x+2m)>0  (2)
5

(Pdp so: al 1<x<4 b/ Tim m dé (2) dtiing v&i moi x thudc

(1:4).m < {-gg} )

10/ Giai cac bat phuong trinh:
a/ '095(1+\/§)>|Oglex b/ log, x >log7(x+2) c/
|095(1+ \/ﬂ) > log,, 4x

(Pdp s6: a/ Patu = log,, X, taduge: 1 +4">5" KQ:0<x<16 b/x>5
c/0<x<4)
1/ Giai cac bat phuong trinh:

- a/ Iogx(logs(QX—72))§1 b/ In

¢/ (X* -3x)v2x* -3x-220 d/
log, (4" +144) - 4log, 2 <1+log, (2 * +1)

(Pdp s6: al 1<x<2 b/¥%<x<1 ¢/ x <% hoidc x > 3
d/2<x<4)

X+1

—In(xz—x+1)>0

2

y°+8
12/ Tim cac gia tri x, y nguyén thoa man: 100, (X2 +2X+3) < 7—y2 +3y

’ (Pdp so:x =-1;y=1)
13/Giai cac bat phuong trinh:

al \5x* +10x+1>7—x*-2x b/
(x+1)(x+4)<5\/x2 +5x+28

of VX2 —2x+1+X2 —2x—3 </2x2 —4x -2 d/
IXx=3++/6—x = x?—8x+18

e/ X’ +x2+3x/x+1+2>0 o
x(x—4)\/—x2+4x+(x—2)z<2

(Pdp so: a/ x>1 hoic x <-3 b/-9<x<4 o &
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d/x=4 e/ x>-1 a/
Xe(z—\/§;2+\/§) )
14/ Tim m dé bét phuong trinh: /(X +4)(6-X) < x* —2x+m nghiém ding v6i moi x
thudc doan [-4;6]
(Pdp s6: m > 6)
15/ Tim m dé bat phuong trinh: (X2 +1) +m < XvX* +2 +4 nghiém ding véi moi x thude
doan [0;1]

(Pdp s6: m </3)
16/ Giai cac bat phuong trinh:

a/‘x2+x—20‘3x2+x—20 b/‘x2+6x+8‘3—x2—6x—8

c/‘x2 —2x—3‘33x—3

d/ [x—6]< x*—5x+9 el ‘x2—6x+8‘<5x—x2 o
‘xz —2x—8‘> 2X

W |x* -1 >1-x i/ [5— x| <|2—X|+[2x-7| k/
|x+3/<3+|x|

(Pdp sé: al (-o0; -5]U[4;+x) b/ [-4;2] ¢/ [2;5] d/ (-
0;1]U[3;+x)

el {ll_ﬁ;llj/ﬁ] g/(—oo;2\/§)u(2+2\/§; +oo) h/(-o0; -
1)u(0;1)U(1;+)

i/ (-00; 2) (712 ;+00) K/ (-o0; 0).)

17/ Tim m dé bat phuong trinh: X* + 2|x—m|—2mx+m? +m-1<0 c6 nghiém.  (Pdp sé:

m <1)
18/ Tim m dé bpt: x> + 2|m - X| —2mx+2 >0 nghiém ding véi moi x thugc R.  (Pdp so:

[m[<+2)

x> —mx+1

2

<3 nghiém dung véi moi x thuéc R.  (Ddp s6:
X"+ x+1

19/ Tim m dé bat phuong trinh

-5<m<1)
X2+ x+4

x> —mx +1

(Dip s6: m{—1—22\/§;—1+2ﬁ} )

20/ Tim m dé bpt > 2 nghiém dang v&i moi x thudc R.

2
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MOT SO BAI TAP ON LUYEN PHAN HE PHUONG TRINH

Giai cac hé phuong trinh sau:
1/{xy—3x—2y:16
X*+y*—2x—4y=33
x*+3y=9
2/{y“ +4(2x—-3)y* —48y —48x +155=0

1 1
X+y+—+—=95
3/{\/x2+y2+\/2xy:8x/§ Y 5Ty
Vx+ly =4 x2+y2+i2+i2:9
Xy
(x+Y) 1+i =5
Xy X*+y’—3x+4y=1
" 6/3X2229X8—3
x2+%+y2+%:49 y y=
y X
» Xy+X+1=7y " 17x* =34y —4X’y +8xy’ + xy =4
X*y? + xy +1=13y? X' +4y° +xy—4x’y =4

_ — X3 3:1
o XY+ x—y=4 10/{;Ly -
X’ +y* =128 XY +2xy'+y =2
xy(2x+y—6)+2x+y=0

{x4+2x3y+x2y2:2x+9 )
1075 12/ 1
X* +2Xy =6X+6 (x2+y2)(1+—] =8
Xy
(X-l-y)(l-i—i]:S \/;+\/*_4
13/ X 14/{ =
xy+i:4 VX+5+.y+5=6
Xy
\/;+\/7_5 (x+y)(1+i]:4
15/{ = 16/4 ny 2
VX+5+,/y+5=8 e L XYy
Xy Xy
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ZX 2y _2 X+ 2%y =X +Yy
x+1 y'+1 3 X —2x+9
17/ . 18/ 2xy
X+y)| 1+— |=6 y+ =Y +X
( +y)( +xy) Jy'—2y+9
(x+Y) 1+i =6 1(1
Xy x(x+1)+—(—+1]:4
19/ , 20/ yly
(x2+y2)(1+i} =18 XY+ Xy + Xy +1=4y’
Xy
(x+2y) + —=10
— X 4 2X—
TR X3 22/ 4 (2x=v)
X=2y'—6y-2 x+2y_3
2X—Y
(2x+y) —5(4x*—y*)+6(2x—y) =0
23/ 1
2X+ Y+ =3
2X—Y
1
(x+y)(1+—):5
Xy
24/
(x2+y2)(1+ 212]:49
X"y
1
(x+y)(1+— =6 - vl
X' —bx=y’ -
25/ < o ; 26/{8 \ 1y(2) yd
X2 +yt =
(x2+y2)(1+i] =18 d
Xy
. 2X°y? + X +2X=2 e y* =(5x+4)(4-x)
2X*y —Xx'y* +2xy =1 y? —5x° —4xy +16x-8y +16=0

o {yz =(x+8)(x* +2)

y* —(4x+8)y+16+16x—5x* =0
X' +1+y(y+x)=4y
o/
(X*+1)(y+x-2)=y
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Axy +4(X* +y*)+ 3 ;=1
» (x+Y) i V3+x2 +2Ux =3+.fy
VR 3 Y3y 2y =3++x
X+Y

x2y? 9 2 _ 1 —-7=4
33/ y —2x+y =0 34/ Vxs +\/y
2x* +3x*+6y—-12x+13=0 \/y+1+\/x—7:4

X*+y=3x+4
3/{\/H9+\/y—7:4 d
5

36/ 42y +2=6y+6
Jy+9+x-7=4 32°+x=9z+8

(4x+2) =2y +15
37/
(4y+2) =2x+15

Yoy 2x =[xy —xPy?
8xy* +2y° +1> 4% + 2,1+ (2x—y)’

X+y+(2°-8z+14)x+y-2=1

38/

39/

2X+9Y+Xy+z=3

o {2x+2y—\/W:3 41/{\/x%yz—\/xz—yz =Yy
V3x+1+.3y+1=4 X —y* =144

X (Y +D(x+ y+1) =3x* —4x +1(1) . /{XY+ X+y=x=2y*(}
xy+x+1 x*(2) x\/27y—y\/x——1:2x—2y(2)

y +1_ X+ o [P 2223741
y+4y —-2y+2=3"+1

42/

X? +3y _4(2)
N y* =(5x+4)(4-x)()
4
y? —5x° —4xy +16x -8y +16 =0(2)

X' +1+y(y+x)=4y()
(X" +1)(y+x-2)=y(2)




